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OEMA 1°

A.
B.
I.

Zehoa 43 Zyoikov Biiiov.
Zehoa 89 Zyoikov Bipiiov.
a) AdBog
B) 20T
Y) 20T
0) AdBog
g) AdBog

OEMA 2°

a.

Ta Stovdopoato E, Bl £YOVV GUVTETOYUEVEG:

AB= (-1+5,-2-3) = (4,-5) kai B[ = (4+1,2+2) = (5.4).

To ‘ecmtepiKd TOLG ywousvo etvar AB-BI'= 4. 5+(-5)-4 = 20-20 = 0,
ETOUEVMGS TOL O1OVOGUOTOL AB BF etvan kaeTaL.

[Ip®TOC TPOTOC

To duavvoua Eéxa GUVTETAY LEVEG AT'= (4+5,2-3) =(9,-1).
H opilovoa tev diavvopdtov AB, AT givat:

det(AB,AT) = = 4(~1)-9(-5) = —4+45 = 41

To epfaddv Tov Tpry®vov ABF elvar:

(ABT) =%|det(ﬁ,rl“)| Lia1)= ﬂr .

Agvtepoc TpOToC :

Ao AB L BL',10 tpiyovo ABI' givan opBoywvio otmv kopven B, dpa to
epPadov Tov tprywvov ABI givau:

(ABr)=%|E||B_r'|=%J42+(—5)2J52+42— J41/41 = —ru

[pdtoc tpdmoc :

Ta pétpa tov drtovocpdtwv AB , AT eivon avtiotouya:
| AB | =+/4> + (—5)> =+/41 kau | AT | =+/9% + (= 1)> =/82 =~/24/41
To cvvnuitovo ¢ yoviag @ givou:

ABAT _ 4.94(=5)-(=1) 41 \E
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Enopévac, ¢ =45°, ene1idn 0° < ¢< 180°.

Agvtepog Tpomog :

AB L BT kot |AB| = |BI'| =+/41, apo o tpiymvo ABT eivan opBoydvio kat
1G0GKEAEC, OTOTE GLpTEPaivovuEe OTL @ = 45°.

OEMA 3°

a.

H (1) woodvvapei pe v e&icmon: (1+x)x+(1—x)y+(1—5k)=0.

Ot ovvtereotég TV X,y Ogv undevilovton yuo v idta Tipn Tov K.

[Ipdypatt, o cuvtedeotic Tov X undevileton yio k = —1, Evd 0 GLVIEAEGTIG TOV
y undevileton yo k = 1.

Apan (1) maprotdver gvbeia yro kébe ke R .

B. O¢tovpe oy (1), x =2 kKo y = -3, 0nd1E TPOKVTTEL:
0+«k-0=0, Tov 1oYveL y1a KOBe k €R..
Apa dheg o1 evbeiec mov mapiotdver n (1), 0Epyovtan amd to A(2,-3).
v. 1I+x)x+(1—-x)y+(1-5x)=0.
, , , , , I+x=0 |,
H e€iocwon mapiotdvel evbeia Tapdhinin ctov XX, av {1 0’ bpa, k= 1.
=
H @) yia k= 1, yiveron;:2x—4=0mx = 2.

o. K eivon n mpoPfoin Tov A otov x X, dpa x, =2. Eyovpe K(2,0), dpa E(-2,0) O
(nrovpuevog yempuetpikog t0mog givon 1 mapaPoir) C, pe eotia E(—2,0) ko
drevfetovoa v evbeia € x = 2.

(g =—2 & p=—4,6pan rapofoin éxet e&icmon C:y° = —8x
H e&lowon g mapafornc, dev eivar amapaitnto, va Ppebet.)
OEMA 4°
a. Ty e&icoon x° +y’ —(A+4)x+Ay+2L =0 &xovpe:
A=—(A+4),B=2, T =2), onote:
A+ B -4l =(A+4) +27 -8A= 2(7»2 +8) >0, Yo kKGO A eR Kou emopévac 1
elowon (1) mopiotdvel kKOKAO Yo KABe Ty TG TopapéTpov A. [a 1o kévrpo
K kot v axtiva R tov xdxrov oyvovv:
[ A2 2
K(—A—Ej Kot R = A +B -4l , EMOUEVMG K(M—&j Ko
22 2 2 2
2(A*+38
o2 8)
2
B. ‘Eoto K(x,y) 10 kévrpo tov kdKAov (1), Tote (amd o epdTp0L):

A+4 A
X=—— Kol y=——
2 2
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_A+4
, , , T, 2x =\ +4
Eyovpe Aourov to cvotnua <
A 2y =—-A
Y:—E

Amadeipoope 10 A amd Tic eflowoelc ko Ppiokovpe 2x+2y—-4=0 N
soduvapa x+y—2=0.
Apa o ké€vipo K tov kdxhov (1) kiveitar otnv gvbeia x +y—2=0.

Y. ‘Exovpe 2a=8<< a=4 kot v =23 . Ioydet p> =a’ —y*, ondte
2
B =4—(243) o B =16-12p"=4.

2 2
Emopévag 1 e€icwon g édrenyng C elvan: Xj+i]—6: 1, epdcGoV o1 €0TiEG TNG

E’, E Bpiokovtar otov dEova y'y .
o. H e&iowon (1) g vrdbeong yio A=0 yiveton x°+y°—4x =0 7mov &ivor 1)
e&iowon Tov kvKhov C, e kévrpo to onpeio K, (2,0) ko oxtiva p, =2.
H e&icwon g epantopévng € g EMderyng C oto onpeio g M, (x,,y,) etvo:
XY Y
4
H € e@dmteton kar tov kokhov C,, apa oydet d(K,, €)=p,, (2).

=1 1 wodbvapa 4xx, +yy,—16=0.

|4-2-X1+0-y1—16|:2©

i Amd Vv oyéon (2) . éovpe 1G0dLVOL -
\/(4X1)A +y
8|x, 2| =2/16%,% +y <16(x, =2) =16x,’ +y,’ &

16x,” —64x, +64=16x"+y,’ <y’ =64(1-x,).

2 2

ii. To onueio M,(x,y,) oviket omv Elkewyn C:XT+¥—6 =1, apa,
< 2 2
71-1-31/—16:1@ 4x2+y =16y =16-4x> (3).

‘Etoin oxéon y,° = 64(1-x,) Adyw g (3), yphpetar:

16-4x> =64(1-x,) & 4x,” —64x, +48 =0 & x,” —16x, +12=0 (4)

Ta dwvoopota d=(x,,4) kou B=(x,3-4x,) elvar peta&d Toug
KkaOeta, Otav:

o-B=0 1M woodvvopa x, - x, +4-(3-4x,) =0 x,” —16x, +12=0,

7OV 1oYVEL AMOY® NG (4).
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